NEO APXH 1HS SEAIAAY

NEO >Y>THMA - HMEPH>IQN & EXTIEPINQN

NMANEAAAAIKEZ EZETAZEIZ
HMEPHZIQN & EZMNMEPINQN N'ENIKQN AYKEIQN
TETAPTH 17 IOYNIOY 2020
EZETAZOMENO MAGHMA: MAOHMATIKA NMPOZANATOAIZMOY
2YNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

A1,

A2.

A3.

A4.

‘Eotw uia ouvaptnon f, n omoia cival oplopévn oe éva KAeloTo
didotnua [a, B]. Av

e n f civai ouvexng oto [a, B] kai

o f(a)=f(B).

va amodeifete OT1 yia kdBe apiBuo n peragu Twv f(a) kar f(B) umdpyxel
évag TouhdaxiaTtov X, € (a, B) Tétolog, wote f(x,)=n.
Movadeg 7

MNéte pia ouvdaprnon f eivar mapaywyioiyn oe éva kAeloTd didoTnua
[a, B] Tou mediou opiopol TNG;
Movddeg 4

OewpnoTe TOV TTAPAKATW ICXUPIOHO:
«Ma kaBe ouvaptnon f, opiopévn, Tapaywyiolun kal yvnoiwg avtouoa
oto R, 1oxver f'(x)>0».
a) Na xapakTnpiceTe TOoV IOXUPIOUO, ypApovTag OTo TETPAdIO 0ag TO
ypauua A, av gival aAn@nig, 4 1o ypduua WY, av gival yeudng.
(vovada 1)
B) Na aiTioAoyoeTe TRV ATTAVTNOAR 0O0G OTO EPWTNUA A).
(uovadeg 3)
Movdadeg 4

Na xapakrnpiocere T1IC TPOTAOEIC TOU akoAouBoUlv, ypdaovrag OTo
TETPAOIO oag, OiTTAa OTO ypauua mTouU avTioToIxEli o KaBe mporaon, 1
Aéén Zwaoro, av n mpdraon €ivar cworn, B Aaog, av n mpdraon eivai
AavBaouévn.

. 1 ,
a) le)(x?vﬂ ):+00, via ké8e Ve N.

B) Av f, g civai d0o ouvaptioeig pe media opiopos A kar B,
avtiotoixa, 167e n geof opigeral, av f(A)NB= .

Y) H ypagiki mapdortaocn tng ouvdaptnong f(X)=4/| x|, xe R éxe
aéova cuppeTpiag tov Y'y.

8) H eikova f(A) evég diaoTApatog A péow piag ouvexoUg Kal un
oTaBepng ouvapTnong eival Tavra d1A0TNUaA.
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g) Aivetar 611 n ouvaptnon f mapaywyiletal oto R kai 611 n ypagikA
NG TapdoTaon gival Tavw atmd Tov dfova X'X. Av uTtdpXel KATOI0
onueio A(X,, f(x,)) Tng Cf, TOU OTToiou n aTméoTAON ATO TOV Gfova

XX eival péyiotn (4 eAaxiotn), TOTe O QUTO TO ONUEIO N
EQATITOMEVN TNG Cf gival opiovTia.

Movdadeg 10
OEMA B
AivovTal ol CUVapPTAHOEIG:
X+2
f:(1, +o) >R, uetomo f(x)= ; Kal
X_
g:R—> R, peromo g(x)=e*.
B1. Na mpoodiopioete 1n ouvdaptnon fog.
Movdadeg 5
e*+2 S . ,
B2. Av (fog)(x)= =1 ue x>0, va amodei¢ete 611 n ouvaptnon fog civai
‘“1-1’ Kal va Bpeite TRV avTioTpo@n TnG.
Movdadeg 8
» X+2 , .
B3. Av ¢(X)=(fog) '(x)=4¢n 1) ue X>1, va peAetoeTe T ouvdapTnon
X_
¢ wg TPOG TN pgovoTovia.
Movdadeg 6
B4. Av @ civai n ouvaptnon Tou epwTtipaTtog B3, va Bpebolv 1a dpia
limo(x) e lim @(x) .
Movadeg 6
OEMAT
AiveTal n ouvexng ouvdapTnon
1
T—x ni, x<0
f(x)=4' % e L>0 .
T
NUX + AOUVX , 0<x<7
M. Na amodeiere 6m1 A=1,
Movdadeg 5
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r2.

r3.

r4.

Na amodei¢ete 611 opileTal e@amTodévn TNG YPAPIKAG TapdoTaong tng f
oto onueio A(0, 1), n omoia oxnuatifel pe Tov Gfova XX ywvia ion
Ll

ME Z

Movdadeg 6

Na Bpeite Ta kKpioiya onueia Tng ouvaptnong f.
Movdadeg 6

‘Eva onueio M(a, f(a)), ue o <0, kiveitar otn ypagiki mapdotaon g f.

O puBPOC PeTABOARS TNG TETPNUEVNG Tou onueiou M Sivetar amé Tov TUTTO
: o(t)

a'(t)= 3
H epamtopévn tn¢ ypa@ikn¢ mapaotaong tng f oto M téuver Tov afova
X'X oto onueio B. Na Bpeite Tov pubud peTaBoAAg TNG TETUNUEVNS TOU
onueiou B tn Xxpovikn oTiyun t,, katd@ tTnv otmoia TO Onpeio M éxe
TeTunuévn 1.

Movadeg 8

OEMA A
Aivetai n ouvaptnon f:R - R pe tomo f(X)=e* +x* —ex—1.

A1.

A2.

A3.

A4.

Na amodeiete o1 umapxel povadiké X, € (0, 1), oto omoio n f
Tapoual1dlel oAIKO eAAXIOTO. 2Tn CUVEXEIQ va aTTOOEIEETE OTI
f(x,)=x>-(e+2)x, +e-1.
Movadeg 7

Na utroAoyioeTe 10 Oplo

lim ;+ 1
x->%, | f(x)—f(x,) ™ X=X, ) |

otTou X, TO oOnueio TOou gpwTAparog A1 Ttou n f mapouocialer oAiké
eAaxioTo.

Movadeg 6

Av X, eival To onueio Tou epwTtApatog A1 mou n f Tapouoidler oAiko
ghaxioTo, va amodeiete 611 n egiowon f(X)+Xx =X, yia X € (X,,1) éxel

povadikh pida P.
Movadeg 5

Av X, eival To onueio Tou epwTtApatog A1 mou n f Tapouoidler oAiko
eNdyioTo Kal P eival n pifa Tng egiowong Tou gpwTApaTtog A3, va
amodeitete o1 f(x,) > f(p) (f'(k)+1) yia kabe k € (p, 1).

Movadeg 7
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(3}

OAHTIEZ (via Touc gs€sTalopévouc)

210 €EW@UAAO Tou TeTpadiou va ypdyweTte 10 €eTalOPeEVO pABNua. XTo
E0WQPUAAO TMAVW-TTAVW VA CUPTTANPWOETE Ta ATOMIKA OTOIXEia pabnTh.
2ZTnV apXn TWV ATMAVTACEWY 0OG VA YPAWETE TTAVW-TTAVW TNV nUEPOUNVia
Kal 1o €eTaldpevo padbnua. Na pnv avriypdyete 1a BéuaTta oto T1eTpddIo
KOl va gun ypaywete mouBevd aAAoU oT1o TeTpdAdId cag 10 OVOud 0QG.

Na ypdyetre TO OVOUOATETTWVUMO COG OTO TTAVW MPEPOG TWV QWTOAVTIYPAPWYV
auéowg PHOAIG oag TTapadoBouv. TuXxOv ONUEIWCEIG OOG TTAVW OTAa BépaTa dev
0a BaBpoAoynbolv oe kapia mepimTwon. Kard tnv amoxwpenorn oag va
TapadwoeTe pali ye 1o TETPAEdIO KAl TA QWTOAVTiypa®a.

Na amaviioeTe oTo TETPADSIO oag 0¢ OAa Ta Bépata MOVO Pe PTTAE A poOvo
ME HaUPO OTUAG pe peAdavi Tou dev aPnAvel. MoAUBI emITpETETAI, MOVO AV TO
{nTdel n eKWvVNOnN, Kal HOVO yia TTIVAKEG, OIAYPAUHPATA K.ATT.

Kd&be amdvinon €mMIGTNUOVIKA TEKUNPIWHEVN €ival aTTOdEKTH.

Ardpkera e€étaong: TpeIg (3) wpPeg PETA TN dIAvVOPNR TwV QwWToAvVTIYPAQWYV.
Xpbévog duvatig ammoxwpnong: 10.00 ..

2AZ EYXOMAZTE KAAH ENITYXIA
TEAOZ MHNYMATOZ
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